A finite element method is used here to simulate the temperature field, the thermosolutal convection, the solute segregation, and the non-isothermal phase transformation during the growth of ZnTe crystal via the temperature gradient solution growth technique (TGSG) with an accelerated crucible rotation technique (ACRT). Three different trapezoid-wave ACRT sequences are proposed, and their effects are examined from the views of the constitutional supercooling and the mixing of the solution. The solution in front of the growth interface can be fully mixed only during the constant rotation stage of the ACRT when there is a clockwise Ekman flow. An inappropriate ACRT can produce excessively strong clockwise and counterclockwise Ekman flows, and this results in constitutional supercooling in front of the central part of the growth interface at the beginning of the stop stage and in front of the peripheral part at the end of the constant rotation stage. By adjusting the acceleration rate of the ampoule rotation, the appropriate Ekman flows can be obtained to well mix the solution and avoid the constitutional supercooling. An appropriate ACRT sequence is provided, which can facilitate the mixing of the solution, avoid constitutional supercooling, and improve the growth interface morphology.
Introduction
ZnTe single crystal is a promising material for applications in green light emitting diodes (LEDs), laser diodes (LDs), solar cells, microwave devices, and terahertz devices [1] [2] [3] [4] [5] [6] .
The works on the ZnTe crystal growth, as conducted by Seki et al. [7] , Sato et al. [8] , Uen et al. [9] , and Yang et al. [10] showed that the solution method is a promising way to grow ZnTe crystal with high quality because of its low growth temperature and impurity rejecting effect. Yang et al. [10] introduced the accelerated crucible rotation technique (ACRT) to the temperature gradient solution growth (TGSG) method and attained high quality ZnTe crystals. They emphasized the importance of the ACRT in the mass transfer improvement and final crystalline quality. However, the influencing mechanism of the ACRT on the transport phenomena during the growth of ZnTe crystal by TGSG is still not clear. The current model is based on our previous finite element model on the growth of ZnTe by TGSG [26] , which accounts for the heat transfer, the thermosolutal convection, the solute segregation, and the non-isothermal phase transformation. The control equations here about the heat transfer, momentum transfer, and mass transfer are all the same as those in the previous model, with the same boundary conditions. However, as the ACRT is applied which makes the ampoule rotate about its center line, the no-slip condition of the velocity at the ampoule wall and the growth interface in reference [26] should be replaced by
where Ω is the rotation rate of the ampoule and eθ is a unit vector in the azimuthal direction. Note that v in the current model consists of axial, radial and azimuthal components, which is different from the previous model. All the control equations and the boundary conditions are solved by a finite element-based code, Cats2D [27] . We first calculate a steady state solution about the temperature and flow fields with a static temperature profile. Then, a transient simulation without the ACRT is started based on the steady state solution until the growth time reaches to 20 h, with a time step of 1440 s. When the ACRT is applied, the flow and the concentration fields change so frequently that the time step has to be as small as 1.44 s.
Results and Discussion
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From t = 20 h on, we started the ACRT with three different ACRT sequences, namely, Sequences 1, 2, and 3, which are all variations of trapezoid-wave ACRT sequence. The first period of each sequence is shown in Figure 3 . Changes of the transport phenomena during the first half of one period are almost the same as those during the second half, except the spiral shearing flow, which has little effect on the axial or radial transfer of the solute [19] . Distributions of the convections and the concentration were very sensitive to the ACRT sequences, and regular periodic changes of the convections and the concentration could be quickly obtained just half a period after the ACRT began. In the following analyses, we will focus on the first half of the 5th period of each sequence. To study the periodic changes of the transport phenomena, we selected five key points in each ACRT sequence and marked them as A, B, C, D, and E. Hereafter, "result at 5A" will be used to represent the result at Point A of the 5th period; "5B," "5C," "5D," and "5E" will be similarly used. The maximum rotation rate, the duration of each stage of the sequences, as well as the positions of the five key points are all detailed in Figure 3 . In this model, we employ the trapezoid-wave ACRT sequence, which includes acceleration stage, constant rotation stage, deceleration stage, and the stop stage in every half period. To determine the main parameters of the ACRT, i.e., the maximum rotation rate, the constant rotation time, and the stop time, we first obtained the probable value ranges according to the general theoretical study by Capper et al. [16, 19] on ACRT parameters, applied them to our numerical model on ZnTe growth, and made necessary modifications to ensure that the solution in front of the growth interface could be well mixed, and that the run and stop times were comparable to the duration of the Ekman flow.
From t = 20 h on, we started the ACRT with three different ACRT sequences, namely, Sequences 1, 2, and 3, which are all variations of trapezoid-wave ACRT sequence. The first period of each sequence is shown in Figure 3 . Changes of the transport phenomena during the first half of one period are almost the same as those during the second half, except the spiral shearing flow, which has little effect on the axial or radial transfer of the solute [19] . Distributions of the convections and the concentration were very sensitive to the ACRT sequences, and regular periodic changes of the convections and the concentration could be quickly obtained just half a period after the ACRT began. In the following analyses, we will focus on the first half of the 5th period of each sequence. To study the periodic changes of the transport phenomena, we selected five key points in each ACRT sequence and marked them as A, B, C, D, and E. Hereafter, "result at 5A" will be used to represent the result at Point A of the 5th period; "5B," "5C," "5D," and "5E" will be similarly used. The maximum rotation rate, the duration of each stage of the sequences, as well as the positions of the five key points are all detailed in Figure 3 . Figure 4 shows the evolution of the flow and concentration fields during the first half of the 5th ACRT period when Sequence 1 is applied to the growth system. Results at 5A, the beginning of the acceleration stage or the end of the stop stage, are shown in Figure 4a . We find that the distributions of convections and concentration are similar to those without the ACRT (see Figure 2 ) except that Figure 4 shows the evolution of the flow and concentration fields during the first half of the 5th ACRT period when Sequence 1 is applied to the growth system. Results at 5A, the beginning of the acceleration stage or the end of the stop stage, are shown in Figure 4a . We find that the distributions of convections and concentration are similar to those without the ACRT (see Figure 2 ) except that there are two counterclockwise vortexes in the top part of the solution. After the acceleration stage, a clockwise Ekman flow appears between the growth interface and the existing counterclockwise vortex (Figure 4b) . Later, the counterclockwise vortex weakens and moves upwards gradually, while the Ekman flow strengthens and expands to the whole bottom part of the solution (Figure 4c ). The clockwise Ekman flow can efficiently drive the heavy dilute solution away from the center of the growth interface and mix the solution in front of the growth interface, although that there is a small amount of dilute solution accumulating near the corner of the growth interface and the ampoule inner wall (Figure 4c ). After the constant rotation stage, the ampoule decelerates and stops within a very short time (3 s), during which the previous Ekman flow disappears and a new counterclockwise vortex emerges at the corner of the growth interface and the ampoule inner wall (Figure 4d ). This new counterclockwise vortex is the mixture of the natural convection and the emerging counterclockwise Ekman flow, which forms due to the quick deceleration of the ampoule. During the following stop stage, the counterclockwise vortex occupies a very large region, but still cannot influence the solution at the center of the growth interface. Therefore, when swept to the center part of the growth interface by the counterclockwise vortex, the heavy dilute solution will accumulate there (Figure 4e ), resulting in a steep concentration gradient region until the end of the stop stage, identical to the results at 5A (Figure 4a ). In summary, with the application of the ACRT, the rotation of the ampoule accelerates and decelerates periodically in two opposite directions, the clockwise and counterclockwise Ekman flows appear and disappear alternately, and the dilute solution accumulates in front of the central part of the growth interface and then mixes into the bulk solution repeatedly. there are two counterclockwise vortexes in the top part of the solution. After the acceleration stage, a clockwise Ekman flow appears between the growth interface and the existing counterclockwise vortex (Figure 4b) . Later, the counterclockwise vortex weakens and moves upwards gradually, while the Ekman flow strengthens and expands to the whole bottom part of the solution (Figure 4c ). The clockwise Ekman flow can efficiently drive the heavy dilute solution away from the center of the growth interface and mix the solution in front of the growth interface, although that there is a small amount of dilute solution accumulating near the corner of the growth interface and the ampoule inner wall (Figure 4c ). After the constant rotation stage, the ampoule decelerates and stops within a very short time (3 s), during which the previous Ekman flow disappears and a new counterclockwise vortex emerges at the corner of the growth interface and the ampoule inner wall (Figure 4d ). This new counterclockwise vortex is the mixture of the natural convection and the emerging counterclockwise Ekman flow, which forms due to the quick deceleration of the ampoule. During the following stop stage, the counterclockwise vortex occupies a very large region, but still cannot influence the solution at the center of the growth interface. Therefore, when swept to the center part of the growth interface by the counterclockwise vortex, the heavy dilute solution will accumulate there (Figure 4e ), resulting in a steep concentration gradient region until the end of the stop stage, identical to the results at 5A (Figure 4a ). In summary, with the application of the ACRT, the rotation of the ampoule accelerates and decelerates periodically in two opposite directions, the clockwise and counterclockwise Ekman flows appear and disappear alternately, and the dilute solution accumulates in front of the central part of the growth interface and then mixes into the bulk solution repeatedly. The evolution of the flow and concentration fields during the first half of the 5th ACRT period with Sequence 2 applied is shown in Figure 5 . Results at 5A, 5B, and 5C (Figures 5a-c) are quite similar to those shown in Figure 4 , as the acceleration and constant rotation stages in Sequences 1 The evolution of the flow and concentration fields during the first half of the 5th ACRT period with Sequence 2 applied is shown in Figure 5 . Results at 5A, 5B, and 5C (Figure 5a-c) are quite similar to those shown in Figure 4 , as the acceleration and constant rotation stages in Sequences 1 and 2 are the same (Figure 3 ). As shown in Figure 5c , there is also a narrow region near the corner of the growth interface and the ampoule inner wall, where a small amount of dilute solution accumulates, identical to the results shown in Figure 4c . The results at 5D and 5E are 18 s and 54 s after 5C, respectively. Such a long deceleration stage makes the recovery of the counterclockwise convection in front of the growth interface much slower than that when Sequence 1 is applied. The accumulation of the dilute solution at the center of the growth interface is also much slower, which is able to avoid the appearance of an overly steep concentration gradient. After 5E, the low concentration region at the center of the growth interface extends gradually, while the concentration gradient keeps decreasing until the end of the stop stage. Therefore, with Sequence 2, the solution in front of the growth interface can still be well mixed for quite a while in each ACRT period, and the concentration gradient in front the center of the growth interface will be much lower than that when Sequence 1 is applied, while the accumulation of the dilute solution near the corner of the growth interface and the ampoule inner wall is not eliminated. and 2 are the same ( Figure 3 ). As shown in Figure 5c , there is also a narrow region near the corner of the growth interface and the ampoule inner wall, where a small amount of dilute solution accumulates, identical to the results shown in Figure 4c . The results at 5D and 5E are 18 s and 54 s after 5C, respectively. Such a long deceleration stage makes the recovery of the counterclockwise convection in front of the growth interface much slower than that when Sequence 1 is applied. The accumulation of the dilute solution at the center of the growth interface is also much slower, which is able to avoid the appearance of an overly steep concentration gradient. After 5E, the low concentration region at the center of the growth interface extends gradually, while the concentration gradient keeps decreasing until the end of the stop stage. Therefore, with Sequence 2, the solution in front of the growth interface can still be well mixed for quite a while in each ACRT period, and the concentration gradient in front the center of the growth interface will be much lower than that when Sequence 1 is applied, while the accumulation of the dilute solution near the corner of the growth interface and the ampoule inner wall is not eliminated. With Sequence 3 applied to the growth system, the flow and concentration fields in the solution during the first half of the 5th ACRT period are shown in Figure 6 . The periodic change of the convections and the concentration is very similar to that in the case of Sequence 2, because both Sequences 2 and 3 have a sudden acceleration stage and a very long deceleration stage. However, in the case of Sequence 3 with a low maximum rotation rate of 6 rpm, the clockwise Ekman flow is much smaller and weaker (Figure 6c ) and is able to avoid the quick accumulation of the dilute solution near the corner of the growth interface and the ampoule inner wall, so that the concentration gradient in this region will not be too high. Therefore, with Sequence 3 applied, the concentration gradient in front of both the central and the peripheral parts of the growth interface should be much lower, which will be analyzed in the following section. With Sequence 3 applied to the growth system, the flow and concentration fields in the solution during the first half of the 5th ACRT period are shown in Figure 6 . The periodic change of the convections and the concentration is very similar to that in the case of Sequence 2, because both Sequences 2 and 3 have a sudden acceleration stage and a very long deceleration stage. However, in the case of Sequence 3 with a low maximum rotation rate of 6 rpm, the clockwise Ekman flow is (Figure 6c ) and is able to avoid the quick accumulation of the dilute solution near the corner of the growth interface and the ampoule inner wall, so that the concentration gradient in this region will not be too high. Therefore, with Sequence 3 applied, the concentration gradient in front of both the central and the peripheral parts of the growth interface should be much lower, which will be analyzed in the following section. 
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Analysis on the Constitutional Supercooling
We selected two representative positions on the growth interface, Points O (the center of the growth interface) and P (3 mm from the growth interface edge), to analyze the constitutional supercooling, because very severe (if not the severest) constitutional supercooling usually occurs near Point O at the beginning of the stop stage and near Point P at the end of the constant rotation stage. Obviously, constitutional supercooling occurs whenever the saturation temperature of the solution is higher than the actual temperature.
For Point O, we plot the actual and saturation temperatures of the solution along the ampoule centerline at 5E, with the application of the above three ACRT sequences (Figures 7a-c) . The temperature gradients in front of Point O in the three cases are all about 10.0 K/cm. According to Figure 7a , the saturation temperature exceeds the actual temperature within a 0.1 cm wide region in front of Point O at 5E with Sequence 1 applied, indicating that obvious constitutional supercooling occurs, because the accumulation of the dilute solution is so fast that a very steep concentration gradient forms in front of Point O at 5E (Figure 4e ). However, in the cases of Sequences 2 and 3 (Figures 7b,c) , constitutional supercooling in front of Point O at 5E is almost avoided. During the long deceleration stage in the case of Sequence 2 or Sequence 3, developments of the counterclockwise convection and the low concentration region are so slow that no steep concentration gradient forms in front of the growth interface (Figures 5e and 6e) , and constitutional supercooling can be avoided. Therefore, a relatively long deceleration stage in the ACRT can reduce the probability of the constitutional supercooling in front of the central part of the growth interface. 
For Point O, we plot the actual and saturation temperatures of the solution along the ampoule centerline at 5E, with the application of the above three ACRT sequences (Figure 7a-c) . The temperature gradients in front of Point O in the three cases are all about 10.0 K/cm. According to Figure 7a , the saturation temperature exceeds the actual temperature within a 0.1 cm wide region in front of Point O at 5E with Sequence 1 applied, indicating that obvious constitutional supercooling occurs, because the accumulation of the dilute solution is so fast that a very steep concentration gradient forms in front of Point O at 5E (Figure 4e ). However, in the cases of Sequences 2 and 3 (Figure 7b,c 
constitutional supercooling in front of Point O at 5E is almost avoided. During the long deceleration stage in the case of Sequence 2 or Sequence 3, developments of the counterclockwise convection and the low concentration region are so slow that no steep concentration gradient forms in front of the growth interface (Figures 5e and 6e) , and constitutional supercooling can be avoided. Therefore, a relatively long deceleration stage in the ACRT can reduce the probability of the constitutional supercooling in front of the central part of the growth interface.
gradients in front of Point P in the three cases are all about 11.5 K/cm. Constitutional supercooling almost occurs in the cases of Sequences 1 and 2 (Figures 7d,e) , but is well avoided in the case of Sequence 3 (Figure 7f ). We know that the clockwise Ekman flow in the case of Sequence 3 is obviously weaker than that in the case of Sequence 1 or Sequence 2. In the case of Sequence 3, the accumulation of dilute solution in front of Point P is so slow that there is no steep concentration gradient or constitutional supercooling (Figure 6c) . Thus, in the current growth system, a low maximum rotation combined with a long deceleration stage can help avoid the constitutional supercooling in front of both the central and the peripheral parts of the growth interface. 
Effects of ACRT on the Growth Interface Morphology
When the ACRT is applied, the change of the growth interface morphology is much slower than that of the transport phenomena. We continue the simulations in Section 3.2 until the growth reaches the end of an ACRT period that is immediately after t = 26.2 h (note that the rotation starts from t = 20 h), and plot the growth interfaces in Figure 8 . For comparison, the growth interface at t = 26.2 h without the ACRT is also plotted. It is clearly seen that the growth interface with the ACRT no longer differentiates into two distinct parts, as the growth interface does without the ACRT, indicating that all the three ACRT sequences can mix the solution in front of the growth interface very well. In addition, the growth interfaces in the three cases with the ACRT are almost the same as one another, indicating that a maximum rotation of 6 rpm seems sufficient to thoroughly mix the bottom part of the solution. For Point P, we plot the actual and the saturation temperatures of the solution along a plumb line (not vertical to the growth interface) at 5C for the three cases (Figure 7d-f) . The temperature gradients in front of Point P in the three cases are all about 11.5 K/cm. Constitutional supercooling almost occurs in the cases of Sequences 1 and 2 (Figure 7d,e) , but is well avoided in the case of Sequence 3 ( Figure 7f ). We know that the clockwise Ekman flow in the case of Sequence 3 is obviously weaker than that in the case of Sequence 1 or Sequence 2. In the case of Sequence 3, the accumulation of dilute solution in front of Point P is so slow that there is no steep concentration gradient or constitutional supercooling (Figure 6c ). Thus, in the current growth system, a low maximum rotation combined with a long deceleration stage can help avoid the constitutional supercooling in front of both the central and the peripheral parts of the growth interface.
When the ACRT is applied, the change of the growth interface morphology is much slower than that of the transport phenomena. We continue the simulations in Section 3.2 until the growth reaches the end of an ACRT period that is immediately after t = 26.2 h (note that the rotation starts from t = 20 h), and plot the growth interfaces in Figure 8 . For comparison, the growth interface at t = 26.2 h without the ACRT is also plotted. It is clearly seen that the growth interface with the ACRT no longer differentiates into two distinct parts, as the growth interface does without the ACRT, indicating that all the three ACRT sequences can mix the solution in front of the growth interface very well. In addition, the growth interfaces in the three cases with the ACRT are almost the same as one another, indicating that a maximum rotation of 6 rpm seems sufficient to thoroughly mix the bottom part of the solution. 
Conclusions
In the numerical simulation about the growth of ZnTe crystal by the temperature gradient solution growth technique, we applied three different trapezoid-wave ACRT sequences to the growth system and examined their effects from the views of the constitutional supercooling and the mixing of the solution. The conclusions are as follows.
With the application of the trapezoid-wave ACRT sequence, the rotation of the ampoule accelerates and decelerates periodically in two opposite directions, the clockwise and counterclockwise Ekman flows appear and disappear alternately, and the dilute solution accumulates in front of the central part of the growth interface and then mixes into the bulk solution repeatedly. The solution in front of the growth interface can be well mixed only during the constant rotation stage when the clockwise Ekman flow exists. During the stop stage, however, a large amount of a dilute solution will accumulate in front of the center of the growth interface.
An inappropriate ACRT may result in constitutional supercooling. With the application of an ACRT that can produce excessively strong clockwise and counterclockwise Ekman flows, constitutional supercooling will occur in front of the central part of the growth interface at the beginning of the stop stage, and in front of the peripheral part of the growth interface at the end of the constant rotation stage. The reason is that the strong convection drives the dilute solution to accumulate so fast that a high concentration gradient forms close to the growth interface where the temperature gradient does not change very much, and constitutional supercooling easily occurs.
By adjusting the acceleration of the ampoule rotation, such as lengthening the deceleration stage or decreasing the maximum rotation, appropriate Ekman flows can be obtained, to well mix the solution and avoid the constitutional supercooling.
The ACRT Sequence 3 shown in Figure 3c was proved to be effective in facilitating the mixing of the solution, avoiding constitutional supercooling and preventing the growth interface from differentiating into two distinct parts, as the growth interface does without the ACRT. 
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